Vassiliev Invariants
(Knot parametrization)

Part |

Evert Stenlund



31:

Veven = X3.1

Vodd = TV31

[ ) X3.1
V3 +y31
V4 X3.1
Vs +y31
Ve X3.1




4‘1:

= X4.1
veven

=0
Vodd =
—X31

Vo :
" X4.1
V34 :
o X4.1
Ve




Vo 3X3_1
V3 +5y31
V4 Xs5.1
Vs +¥s1
Ve X5.1




Veven = X5.2

Vodd = TVs2

Vo 2X3_1
V3 +3y31
V4 X5.2
Vs +Y¥s.2
Ve X5.2




Veven = X6.1

Vodd = TVe1

Vo —2X3_1

V3 +y3.1

Vg |—Xs5p +4x4q +4x3,
Vs +¥6.1

Ve X6.1




[ ) —X3.1

U3 +¥3.1

Vg |X5p —Xs5q+3X47+3x34
Vs +Y6.2

Ve X6.2




Veven = X6.3

R
S
oG

Vodd = 0
V2 X3.1
VU3 0
Vg | —2X55 + X597 — X479 + X3
Vs 0
Ve X6.3




63 1431: ( a

) 3
Veven = X3#3 ( ;O

Vodd = Y343
vz 2X3_1
U3 +2y34
Vy —3X55 + X591 + X471 + 6X34
Vs | +(2ysr —4Y61 +2ys, —10y34)
v6 %(—20957_7 + 35x76 — 10x75 + 8x73 — 13x7, + 19x4 3 — 334,
+ 22x61 —38x55 + 15xc 1 + 7x4 1 + 30x3 ;)




6315310 (X)) z

Veven = X3#3 w

Voda = 0
V2 2X3 1
V3 0
V4 —3Xs, + X5 q + X401 + 6X34
Vs 0
Vg %(—36x7,7 +3%x76 — 10x,5 + 8%73 + 3%7, + 19%43 — 33%4,
+ 6x51 — 54x5, — X1 +87x,, +126x3,)




Veven = X7.1

Vodd = V71

Vo 6X3_1

V3 +14y34

V4 5X51 — X3
(4 +(7ys1 — 21y34)
Ve X7.1




72: + Q(\ C@
Veven = X7.2 @ S
Vodd = TV7.2

vz 3X3_1
U3 +6y;3
Uy X5, — X411 — 6X34

Vs | +(¥e1— 5Ys5, +10y3,)
Ve X7.2




V4 3xX55 + 2X51 + X401 — 6X34

Vs | *(Vgp +4Ys2 +3ys1 —15y31)

Ve X7.3




Veven = X7.4

74 @ {2

Vodd = TV74

Vo 4‘.7(,'3_1

V3 +8ys31

V4 x5 + 2X4q1 — 2X34

Vs +(2y61 + 6y52 —8y31)

Vg —5X77 + 2X76 — 2X75 + 2X73 + 2Xg3 — 6Xg 5 + 2X6 4
—4x55 — X571 +10x, 1 +12x5,




75: @
e %

Vodd = TV75

54
&

vz 4X3_1
U3 +8y3 4
Vy X5+ 2X51 — X414 — SX34

Vs | +(Ve2 — 2Y52 — 2y51 +9y31)

Ve X755




D)
Veven = X7.6

Vodd = V76

7 g;—)\ O@O
7

(&) X3.1
U3 +2y34
Uy 3X5, — X511 — 2X34

Vs | +(Ve2 — V61— 3Vs2 +Ys1+ 2y31)

Ve X7.6




[ ) —X3.1

U3 +Y3.1

V4 —2X5, + X5

Vs | +(2Y¥62 — 2Y61 — 2Y5, t+ V5.1)
Ve X7.7




731#4.1:

Veven = X3#4

Vodd = TV3#4

Vo 0

U3 Y31

V4 3X52 — X51 — 3X31

Vs | (V62 — 2YV61 + Y52 — 3¥3.1)

Ve s (12x7 7 + X7 ¢ + 2%75 — 4X73 + 5X75 — 7Xg3 + 17X,
— 10x61 — 6X55 + %51 — 7x41 — 10x34)




% Qf Ave
Veven = Xg.1 w
Vodd = TVs1

172 _3x3_1

V3 +3y34

Vy —4xc, + 10x, 1 + 15x54

Vs +(5Y61 — Y52 + 5¥31)

Vg —X7 2 + 6x6_1 + 6x5_2 — 1SX4_1 — 15X3.1




Veven = X8.2

Vodd = TVs2

Vo 0
VU3 V3.1
V4 3xX55 —3Xs51 +6x49 +9%x34

Vs +(4Y62 + Y52 —¥s1 + 5y31)

Ve |X73— X771+ OXgz — 5X5, + Sx54
—10x47 — 9x34




Vodd = 0
VZ _4‘x3_1
VU3 0
Vy —4xc, + 14x, 4 + 18x3 4
Vs 0
Vg 5X77 — 2X76 + 2X75 — 2X73 — 2Xg3 + 6Xg + 6Xg 4
+ 12x5_2 + x5_1 - 26x4_1 - 28x3_1




172 _3x3_1

V3 Tys34

V4 Xsp —2X51 + 11x,1 +12x5,

Vs +(BY62 — 2Y61 — 2Y52 + V51 + V3.1)
Ve —X73+ X7 +4Xg2 +3X61 — X5

+ 4‘x5_1 - 11X4_1 - 12.X3_1




s 09 9%F
()
Veven = X85 \/ m

Vodd = TYs5

Uy —X31

VU3 +3y3.1

Vy X5y — 3X5_1 + 9x4_1 + 15x3.1

Vs : t(6Y62 — 2Y52 + 9¥341)

Vg 8 (44x77 — X76 + 6X75 — X7, — 8x71 — X3 + Ixg, — 2X4 4
— 14x5, +59%5; — 197x,; — 186x3;)




S O

172 _2x3_1

VU3 +3y31

Vy —2X51 +9x44 + 13x34

Vs +(By62 + 2Y61 — V52 + 5Y3.1)
Ve X76 — X75 + Xg3 + 3Xg2 + 3Xg1

+ 3x5.1 - 12.X4__1 — 1ZX3_1




Vo 2X3_1

V3 +2y31

Vy —5X5, + 3X51 — 3X44

Vs + (Vo2 + 2Y52 — Y51 — 2¥31)

Vg —X75 —X73 + X791 +4Xg3 — X2 + 8Xs5

— 3X51 +4X47 —3x34




83:

Veven = X8.8 (\)]
Vodd = TVs3

Vo 2X3_1

V3 +ys34

Vy —4X5, + 2X51 — X491 +3X34

Vs +(Ve2 — Vo1 — ¥V3.1)

Ve —X76 t X75 — X7, + 3Xe3 + X622 — X1
+ 6x5, —3x57 +3x41 — 2X34




Vodd = 0

Uy —2X3 1

VU3 0

V4 x5, — 3x51 +8x49 + 7x34

Vs 0

Ve 2X75 — X71 — Xe3 + 06X — 6X57
+ 5X51 — %41 —9%34




810: (f\<)
o %
Veven = X8.10 _b )

Vodd = iy8.10

Vo 3-9(:3.1

VU3 + 3:)/3.1

vy —6X5, + 3X51 + 6X34

Ve +(BY62 —4Ye1 — 4YV31)

v6 %(_68367.7 + 15x76 — 26x75 + 8x73 — X7, + 8x7 1 + 63x63 — 69x6, + 14X6 4
— 145, — 295, + 179x4 7 + 150x3,)




811: (Q) 3
Veven = X8.11 (\b )

Vodd = Ys.11

V2 —X3.1

U3 +2y31

Vy Xgp — 2X5q1 +6X41 +9%34

Vs + (Vo2 +3V61 + V52 — V51 +4y31)

Vg —4x77 + 2X76 — 2X75 + X753+ 2Xg3 — 2Xg2 + 3Xg1
— 5X55 + 2X51 — X4q + X34




Vodd = 0

Vo _3X3_1

VU3 0

V4 —4X5) + X571 + 7x41 +9%34

Vs 0

Vg —X77 — 2X76 — X3 — 2Xg2 + 4Xg 1
+4X5) — X591 —4X4q — X34




813: _@ AL

Veven = X8.13 u

Vodd = TVs13

V2 X3.1
V3 +ys34
Vy —3X5, + 2X51 — 3X4q1 — 2X31
Vs + (Vo2 — 2Y61 — 2Y52 + Y51 + V31)
Vg 5X77 — X76 + 2X75 — X73 — X7, + Xg3 + 5Xg2
— 2X61 +10x5, —2Xx51 — 7x41 — 14x5,




814 @7 g

Veven = X8.14

Vodd = TVs14 W
0

V2

VU3 0

V4 3X57 — 2X51 + 3x41 +3X34

Us +(3Y62 — 2Y61 + ¥3.1)

Ve | =X77 —X76 — X751t X732 — Xe3 T X2
— 2X55 +2X59 — X4




Veven = X8.15

Vodd = Y815 w

V3 4x3 1

V3 +7y31

V4 —4X5_2 ~+ 3x5_1 ~+ X411 ~+ 4‘X3_1

Vs | t(4YVe2 — 7y61 +4Ys2 — 2Y51 — 12y3,4)
Vg %(—52x7_7 + 79x7 ¢ — 18x75 + 16x, 3 —33x7, + 31x53 — 77x¢

+ 54x6_1 - 78x5.2 + 51X5_1 - 13x4_1 - 18X3_1)




816

Veven = X8.16

Vodd = TVs.16

U2 X3.1

U3 Y31

V4 —3X5p +2X51 — 3X41 — 2X3,4

Vs | +(4Y62 —4Y61 — 2Y52 + Ys51)

v6 8 (20x77 4 S5x76 + 2x75 — 8x73 — 11x7, + 8x71 + 29%63 + X422

- 6X6_1 + 118XS2 - 55X51 + ZSX4_1 - 4‘6X3.1)




+

81~: : 2

>

Vodd = 0

V2 —X3.1

V3 0

V4 3X52 — 2X59 + 4X4q + 3X34

Vs 0

Vg %(—289(7_7 + 5x76 + 2X75 + 8xy3 + 5x7, — 8x71 — 11xg3 + X6,
+ 10xg1 — 106x5, + 49x51 — 23x41 + 18x34)




818 //_-\
&

Veven = X8.18

<P

V2 X31

V3 0

Vy X5y — X511+ 2Xx41 +4X3,

Vs 0

v6 %(—60)67_7 + 13x7¢ — 14x75 + 16x5 3 + 13x7, — 8x71 — 11xg3 — 47 x4,
+ 26 1 — 186Xs 5 + 65xc 1 + 25%, 1 + 138%5 1)




Vodd = TVs.19

) \_—)
Veven = X8.19 @)

() 5X3.1

VU3 +10y31

V4 —5X5 5 + 5Xs54

Vs +(6Y62 —8Y61 + 4Ys2 — 4Ys1 — 4Y31)
v6 %(—84)&?7.7 + 95x, ¢ — 26x75 + 16x7 3 — 33x7, + 8x7 1 + 55x¢3 — 117x4,

+ 62X6.1 — 94‘X5_2 + 27x5_1 + 83X4.1 + 78X3_1)




820 . + /\ + (@)
N~/ 3
Veven = X8.20 -

Vodd = TVs.20

Vo 2X3_1
VU3 +2y31
V4 —2Xs5, + X541 + 3x3,4
Vs i1(3Y6.2 —4Y61 — 2Y55 + V51 — 2y31)
Vg 5(—363(7.7 + 15%76 — 10x75 + 8Xx73 — X7, + 23x63 — 37X¢.»
+ 14x,, — 46x5, + 3xc 4 +59x,; + 78x3 )




Veven — X821

2
3
Vodd = TYs.21 :_(( ))_:

Vo 0

V3 Y31

V4 —Xs51 + 3X4q + 6X34

Vs +(2y62 — Y52+ 4Y31)

v6 8 (12x77 — X76 — 2X75 — X725 — X3 + 19%6 2 — 2xg1 + 105,

+ 3x51 —29x4, — 18x3,)







